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of America as represented by the United Siates Atcmic
Energy Commission

Application May 4, 1944, Serial No. 534,129
1 Claim. (CL 204—193)

My invention relates to the general subject of nuclear
fission and more particularly to a means and method for
creating and measuring a chain reaction obtained by
nuclear fission of natural uranium having a U235 isotope
content of approximately sq.

When it became known that the isotope U235 in natural
uranium could be split or fissioned by bombardment with
thermal neutrons—i. e., neutrons in thermal equilibrium
with the surrounding medium—many predictions were
made as to the possibility of obtaining a self-sustaining
chain reaction system, i. €., a system where the fission
neutrons produced give rise to new fission neutrons in
sufficiently large numbers to overcome the neutron losses
in the system. Since the result of the fission of the
uranium nucleus is the production of two lighter elements
with great kinetic energy plus about 2 neutrons on the
average for each fission, together with beta and gamma
radiation, a large amount of power could be made avail-
able if a self-sustaining systern could be built.

However, the neutrons arising from the fission process
are set free with the very high energy of above one mil-
lion electron volts average and are therefore not in con-
dition to be utilized most efficiently to create new fissions
in U235, The fast fission neutrons, after they are created,
must be slowed down to thermal energies before they
are most effective to produce fresh fission by bombard-
ment of additional U235 atoms. If a system can be made
in which neutrons are slowed down without much ab-
sorption until they reach thermal energies and then
mostly enter into uranium rather than into any other
element, a nuclear chain reaction might be obtained.
Light elements, such as deuterium, beryllium, or carbon,
the latter preferably in the form of graphite, can be
used as slowing agents. Hydrogen would be most ad-
vantageous were it not for the fact that there is a high
probability of neutron capture by the hydrogen nucleus.
A special advantage of the use of the light elements men-
tioned for slowing down fast fission neutrons is that
fewer collisions are required for slowing than is the case
with heavier elements. Both beryllium and deuterium
are expensive and not readily available in large quantities.
However, carbon in the form of graphite is a relatively
inexpensive, practical, and readily available agent for
slowing fast neutrons to thermal energies. Recently,
beryllium has been made available in sufficiently large
quantities for test as to suitability for use as a neutron
slowing material in a system of the type to be described.
It has been found to be in every way as satisfacfory
as carbon.

This invention is concerned with a chain reacting
system based on the combination of a fissionable mate-
rial and a slowing medium in such a manner that the
neutron reproduction in a system of practical size is
greater than the number of ventrons lost in the system.

The earliest attempts to provide a structure capable
of sustaining a chain reaction, using nautral uranium,
involved the use of fine uranium particles such as uranium
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oxide powder, dispersed in water as the slowing agent.
However, these attempts were not successful, and analysis
of experiments made has indicated that the neutron losses
in such a system will prevent a chain reaction from being
sustained irrespective of the size of the system. A chain
reaction, however, will take place in such a system but
the chain started by any number n of neutrons will die
out after producing a number of fissions. Such a chain
is known as a convergent chain reaction. Itis only when
the chain started by a number » neutrons continues with
more than n neutrons being produced at each fission cycle
that the chain can be said to be divergent. Even when
the chain may be said to be divergent, neutron losses
still may be sufficiently high to prevent the sustaining of
the chain reaction in a system of practical size. It is
therefore important to know where such neutron losses
occur.

During the interchange of neutrons between uranium
particles or bodies dispersed in a slow medium, neutrons
may be lost in four ways: by absorption in the uranium
metal or compound in which the neutrons originated
or in which they finally may enter without producing
fission, by absorption in the slowing down material, by
capture by impurities present in the system, and by escape
from the structure by diffusion.

Natural uranivm, particularly by reason of its large
U238 content, has an especially strong absorbing power for
neutrons when they have been slowed down to a moderate
energy, this absorption occurring at the so-called resonance
energies. The absorption in uranium at these energies
is termed the uranium rescnance absorption or capture;
it is caused by the isotope U238 and does not result in
fission but leads to the production of the relatively stable
nucleus 94239, It is not to be confused with absorption
or capture of uneutrons by impurities, referred to later.

Neutron resonance absorption in uranivm may take
place either on the surface of the uranium bodies, in
which case the absorption is known as surface resonance
absorption, or it may take place further in the interior of
the uranium body, in which case the absorption is known
as volume resonance absorption. Volume resonance ab-
sorption is due to the fact that neutrons make collisions
inside the uranium body and may thus reach resonance
energies inside the body and be absorbed at once. After
successfully reaching thermal velocities, the neutrons may
also be subject to capture by U238 without fission, leading
to the production of 94239,

The thermal neutrons are also subject to capture by
the slowing material. While carbon, beryllium and
deuterium have very small capture cross-sections for
thermal neutrons, an appreciable fraction of thermal neu-
trons is lost by capture in the slowing material during

_diffusion therethrough before a uranium body is reached.

1t is therefore desirable to have the neutrons, after reach-
ing thermal energy, promptly enter uranium.

In addition to the losses which are inherently a part
of the nuclear chain reaction process, impurities present
in both the slowing material and the uranium add a very
important neutron loss factor in the chain. The effec-
tiveness of various elements as neutron absorbers varies
tremendously. Certain elements such as gadolinium,
boron, cadmium, and some others, if present even in a
few parts per million, could very likely prevent a self-
sustaining chain reaction from taking place. It is highly
important, therefore, to be able to evaluate in some
manner the effect of losses due to such impurities, and
as far as possible to remove from both the slowing ma-
terial and the uwranium all impurities capturing neutrons
to the detriment of the chain reaction.

The ratio of the number of fast neutrons produced in
one generation by the fissions, to the original number
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of fast neutrons, in a system of infinite size, is called
the reproduction or multiplication factor of the system
and is denoted by the symbol K. As it disregards finite
size of the system, K therefore is a factor determinable
from the geometry of the system, i. e. the slowing ma-
terial employed and the manner of disposition of the
uranium on other fissionable material in the slowing
material, together with the effect of the fixed impurities
in the materials. If K can be determined to be greater
than unity, indicating that fewcr neutrons are parasiti-
cally absorbed than are gained by fission, the uranium
will support a self-maintaining chain reaction provided
the overall size of the systcm is sufficiently jarge %o pre-
vent too large a percentage of the generated neutrons
from escaping from the system. Thus the overall size
is important, when K is greater than unity.

The overall size required for the system will vary, de-
pending upon the neutron losses in the chain. If the
structure is too small, with a large surface to volume

ratio, there will be a high rate of loss of neutrons from >

the structure by leakage through the outer surfaces which
may reduce the number of neutrons available for the
fission chain inside the structure to a point where the
chain reaction will not be self-maintaining. For each
value for the reproduction factor K greater than unity,
there is thus required a minimum overall size of the
structure known as the critical mass or size, above which
the rate of loss of neutrons by diffusion through the

periphery of the structure is less than the net rate of .

production of neutrons within the system, thus making
the system self-sustaining. The rate of diffusion of neu-
trons away from a large structure in which they are be-
ing liberated, can be treated by mathematical analysis.

However, K can still be greater than unity but so close
to unity that no system of practical size will sustain a
chain reaction as the rate of exterior meutron loss will
always be too high, irrespective of any practical size to
which the structure is built. It is important therefore,
that all losses be kept to the minimum to provide a K
factor sufficiently large to enable a system capable of
sustaining a chain reacticn to be of practical size.

Fig. 1 is a front elevational view of an intermediate
pile forming part of the subject matter of the present in-
vention;

Fig. 2 is a horizontal sectional view taken on line 2--2
of Fig. 1;

Fig. 3 is a vertical sectional view taken through the
device on line 3—3 of Fig. 4;

Fig. 4 is a horizontal sectional view taken on the line
4—4 of Fig. 3;

Fig. 5 is a vertical sectional view taken on the line
5—S5 of Fig. 1;

Fig. 6 is an enlarged perspective view of the detector
unit employed for making measurements in the device,
the view showing the pans or trays spaced apart for
purposes of clarity;

Fig. 7 is a longitudinal sectional view through the plate
portion of the detector unit shown in Fig. 6;

Fig. 8 is a perspective view of a rod containing the
neutron source shown in Fig. 5;

Fig. 9 is an enlarged, fragmentary, detailed sectional
view of the rod and neutron source shown in Figs. 5
and 8, the view being taken on the line 9—9 of Fig. 8;

Fig. 10 is a diagram or chart showing what happens
to the neutrons during the chain reaction; and

Fig. 11 is a perspective view of a portion of the inter-
mediate pile, showing the block construction.

To illustrate the importance of the various factors en-
tering into a chain reaction, I shall next describe -the
chain reaction process, as it is presently understood to
occur in any system of finite size utilizing natural ura-
nium dispersed in graphite. For better explanation, ref-
erence is here made to the diagram constituting Fig. 10
of the accompanying drawings.
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In Fig. 10:

A represents a uranjium body of any size from which
fast neutrons are set free as a result of the fission process:

B represents a fast neutron loss due to leakage fromi
the system. . o .

C represents a uranium body of any size in which both
volume and surface resonance absorption of neutrons
by U238 takes place, at resonance energies above thermal
energy, to form 94239,

D represents the number of neutrons reaching thermal
energy. _ ‘
 E represents a thermal neutron loss by diffusion of
thermal neutrons from the system:

F represents a neutron loss caused by capture of neu-
trons by impurities in both uranium and graphite.

G represents a neutron loss due to capture of thermal
neutrons by the graphite as the thermal neutrons diffuse
therethrough before entering uranium.

H represents the number of thermal neutrons entering
a wuranium body.

I represents a uranium body of any size in which part of
the thermal neutrons entering the body are absorbed by
U238 to form 9423, the remaining thermal neutrons caus-
ing new fissions in U23, thereby producing fast neutrons,
a few of which produce additional fast neutrons by fis-
sion of U238 atoms.

The four neutron losses from the chain reaction referred
to above are represenied in Fig, 10, where the resonance
absorption at C and the fraction of thermal neutrons ab-
sorbed by U8 at 1 represent the uramium absorption
losses. Losses due to impurities are represented at F,
those due to absorption in the slowing material at G, and
the leakage losses due to the finite size of the system at
Band E.

It has been determined from previously performed ex-
periments that a mixture of natural uranium oxide powder
dispersed in water will not sustain a chain reaction even
if used in a system infinite in size, because K has been
determined to be less than unity for such a combination.
1t is necessary, therefore, in order to increase the proba-
bility of a system attaining a K greater than unity, to either
increase the ratio of fission neutrons produced per cycle,
or to reduce the neutron losses in a proposed system, over
those obtaining in the mixture of uranium powder and
water referred to.

The use of uranium enriched by supplementing the
natural] content of fissionable material therein will increase
the probability of an absorbed thermal neutron producing
fission rather than being absorbed by U238 to produce
94239, and the number of fast neutrons per cycle will be
increased. However, if natural uranium alone is to be
used, the only way to increase the probability of K be-
coming greater than unity is to reduce the parasitic neu-
tron losses in the system from those existing in the uranium
oxide powder-water system. The slowing medium can
be changed from water to heavy water, graphite or beryl-
lium to decrease neutron capture by the slowing medjum.
The effect of impurities can be reduced by purifying both
the uranium and the slowing materiz] 1o the maximum
practicable extent. All of these precedures tend to reduce
the neutron losses in the chain, and to increase the possi-
bility of K becoming greater than unity.

In addition, in order for the premise to be fulfilled that
the fast fission neutrons be slowed to thermal energies
in a slowing medium before again entering uraniwn atcms
without too large an absorption in uranium, a change in
the physical arrangement of the uranium in the system
from that obtaining in a mixture of uranium powder and
a slowing material can be utilized for more efficient re-
production of neutrons.

I'have found, for example, as will be hereinafter proved,
that it is possible by proper physical arrangement of the
materials to substantially reduce the resonance absorption
loss of neutrons in a system below the uranium resonance
absorption loss occurring in a mixture of fine vranium
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oxide powder in water having the same uranium to slow-
ing materials volume ratio. "By the use of the light ele-
ments as described above for slowing materials, fewer
collisions are required to slow the neuircas to thermal
energies, with resultant large increments of energy loss
between collisicns, thus decreasing the probability of a
neutron being at any resonance energy as it enters a
uranium atom. During the slowing process, however,
neutrons are diffusing through the slowing medium over
randorn paths and distances so that the uranium is exposed
not only to thermal neutrons but also to ucuircns of ener-
gies varying between thermal energy and the high initial
energy of fission evolved neutrons. Neéutrons at uranium
resonance energies will, if they enter uranium at these
energies, be absorbed on the surface of a uranium body,
whatever its size, giving rise to surface absorgiion. Any
substantial overall reduction of surface of the same
amount of uranium will therefore reduce surface absorp-
tion, and any such reduction in surface absorption will
release neutrons to enter directly into the chain reaction.

For a given ratio of natural uranium to slowing ma-
terial, surface resonance absorption losses of neutrons in
the uraniom can be substantially reduced by a large and
significant factor from the losses cccurring in 2 structure
comprising a distribution of fine uranium oxide powder
throughout a slowing medium, by aggregating the nranium
into 4 plurality of substantial masses in which the mean
spatial diameter is at lsast 1 cm, In graphite, for example,
an appreciable advantage is obtained. An important gain
thus can be made in the number of neutrons made directly
available for the chain reaction. Graphite is an efficient
slowing medium, is readily obtainable, and is preferred
for most structures. Consequently, I prefer to place the
uranimmn in the system in the form of spaced uranium
masses or bodies of substantial size preferably either of
uranium metal, oxide, carbide, or combinations thereof,
instead of wsing the uranium in the form cf fine particies.
The uranium bodies can be in the form of layers, rods or
cylinders, cubes or spheres, or approximate shapes, dis-
persed throughout the graphite preferably in some geo-
metric pattern. As graphite can be obtained in the form
of blocks, and structures built by stacking or piling the
blocks, a structure called a pile can readily be built for
test purposes.

Theoretical calcelations can be made to determine
whether cr not a chain reaction having a K factor greater
than unity would be possible in various types cf geometri-
cal combinations of uranium and siowing material. Such
calculations, however, of necessity must asstune more or
less arbitrary values for the fission factors and for the
various neutron absorption effects of the uranium, the
carbon, and the impurities set forth in C, F, G and 1 of
Fig. 10 including the effect of the physical arrangement
of the materials, as accurate values for the constanis rep-
resenting these effects are not available. It would be im-
possible by such theoretical caiculations to predict accu-
rately, either that a self-sustaining chain reaction was
possible in a given system, or to predict the {ype of struc-
ture, critical size or design of a system that could be built
with any assurance that a self-sustaining chain reaction
capable of producing power would be obtained. The
errors due to the imperfectly known constants become
cumulative during calculation of the reproduction factor
K, and the conclusions arrived at from such calcolations
can be little more than mere guesses at approximate con-
ditions that might obtain if the assumed values of the con-
stants were eventually found to be close to their real or
proper values.

Progressive empirical enlargement of any proposed
system for which the factor K is not accurately known,
in an attempt to attain the overall size of the structure
above which the rate of ioss of neutrons by diffusion
through the periphery of the structure is less than the
rate of production of neutrons in the system leads only to
an expensive gamble with no assurance of success. The
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fact that K is greater than unity and the fact that the
critical size is within practical limits must be known
rather accurately in advance, as otherwise a proposed
structure having a K factor less than unity, or even a K
factor greater than but close to unity, might not sustain
a chain reaction even if all of the uranium in the world
were included.

In order, therefore, that any practical self-sustaining
chain reacting system be built, the following factors
must be accurately known prior to building the system:

1. Whether K is above or below unity, and

2. If X is above unity, what will be the minimum critical
size required for a self-sustaining chain reacting system
built up of the materials chosen, and with the geo-
metrical arrangement proposed.

As the effect of any attempt, such as mentioned above,
to increase the reproduction factor K of a system, cannot,
as pointed out above, be accurately foretold from calcula-
tions alone, it has been necessary to provide a means and
method of determining the value of the reproduction fac-
tor in any proposed system. As all of the steps in the
chain reaction outlined above contribute to the value of
the reproduction factor, if the value of K can be directly
determined as to its relation to unity by direct measure-
ment of meutron densities existing in structures having
specific geometries and materials, then values of the in-
dividual contributing constants do not have to be known.

It follows that the main object of my invention is to
provide a means and method of determining, by means of
a single series of neutron density measurements which
can be perfermed with precision on an experimental
structure whether the reproduction factor of any proposed
chain reacting structure is greater or less than one, and
then determining from the same measurements the critical
size of a self-sustaining system, if X is found to be greater
than one, without the necessity of knowing the values of
individual factors entering into the chain process.

In addition, fairly accurate evaluations of the repro-
duction factor for various systems can be deduced by
including two other quantities, the so-called “range” of
the fission neutrons in being slowed down and the “dif-
fusion length” of thermal nentrons in the structures. Al-
though there is at present an inaccuracy of 5 percent to
10 percent attached to the values of these quantities, they
enter only into the determination of the departure of the
reproduction factor from unity. Since the departure of
K from unity in structures of the types set forth herein
is usually nct greater than 10 percent, the value of K
can be found within an accuracy of 1 percent or less by
using the values presently known.

Thus, a further object of my invention is to provide
a method of determining the value of the reproduction
factor K of a given design within a 1 percent error for
specific sizes, shapes, and spacings of uranium bodies
in the slowing down material and for the particular pur-
ities of the elements making up the device.

Inasmuch as the same nuclear fission mechanism is
acting in all portions of a structure where the same geom-
etry of uranium and slowing material exists, the only
difference in the chain reaction in a small but representa-
tive portion of the siructure from the chain reaction in
the entire structure is that the rate of neutron loss by
exterior leakage is greater in small structures than in
larger structures. I have found that by measuring the
meutron densities in a small structure and mathematically
correlating the density measurements made with the di-
mensions of the small structure, I can determine the chain
reaction conditions that would exist in a much larger
structure having the same geometrical arrangement of
the same materials.

The present invention is therefore valuable as a rela-
tively inexpensive device for measuring the action of the
muclear chain mechanism in a relatively small structure,
and particularly for determining a quantity A (defined
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below), for specific conditions, and for studying the
effect on this and related quantities of changes in these
conditions. The factor K will be greater than unity if A
is found to be negative. An accurate caiculation can be
made as to the critical size required for a self-sustaining
chain reaction structure providing the value of A is as-
certained to be negative and its valve determined, as 1
have found that it may be, in a small but representative
portion of any proposed chain reacting structure. There
is, therefore, no need of actually building a structure of
supposed critical size based solely on calculations using
assumed constant values, in order to make a trial of the
geometry and purity of materials to be used. Thus the
purchase of the complete amounts of materials for the
proposed structure need be made only after the desived
and accurate specifications for the structure have been
experimentally determined by means of my invention.

1t is, therefore, another object of my invention tc be
able to determine in advance of building a large scale
structure, whether or not the system proposed will operate
to sustain a chain reacticn, by measurement of the neu-
tron activity in a much smaller but representative section
of the proposed system, this latter section by itself being
too small under any conditions to operate to sustain a
chain reaction, because of excessive loss of neutrons from
the exterior surface of the smaller structure.

It therefore follows that, having attained the foregoing
objects, it is a still further object of my invention to test
means for decreasing the parasitic neutron losses obtain-
ing in a mixture of uranium and slowing down material
so that K factors more favorable to the attainment of a
self-sustaining chain reaction can be obtained in a sys-
tem of finite size.

In a presently preferred form, as to apparatus, my
invention relates to a test exponential pile comprising a
column of rectangular parallelopiped shape consisting of a
desired arrangement of uranium containing bodies of
sub-critical mass embedded in a slowing material such
as heavy water, graphite or beryllium. The column may
be built up or piled on a suitable base layer by layer.
Valuable material can be saved by constructing the
column on a base made of slowing down materials such
as, for example, graphite or paraffin. A source of neu-
trons may be placed near the bottom of the column.

The source may be placed inside the base so that the ..

neutrons are slowed down partially before entering the
column to be investigated. Slots are preferably pro-
vided in the column at varying distances frem the neutron
source, and neutron detectors inserted therein as desired
for measurement of neutron intensity. This structure can
be considered as a small but representative portion of a
proposed self-sustaining chain reacting structure. Ac-
cording to the type of experiment being performed, the
weight of the structure can vary widely, but in many
instances 25 to 100 tons of materials will suffice for the
system. In the case of the heterogeneous structure, it
should have a sufficient number of repetitions of cells
comprising the uranium bodies and their individual com-
plements of slowing material, so that the variations in
neutron density through the cells along any chosen axis
are minor variations in comparison with the overall
neutron density variation along the same axis. The
amount of material required for this purpose is sub-
stantially smaller than any structure capable of a self-
sustaining chain reaction utilizing natural uranium, and
experiments have proven that accurate measurements can
be made on structures 4o of the critical volume when
K is greater than unity.

The foregoing constitute some of the principal objects

and advantages of the present invention, others of which 7

will become aparent from the following description and
the drawings which illustrate one example of the inven-
tion.

A specific embodiment - of the present invention is
selected for purposes of disclosure, it being recognized
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that many modifications may be made without departing
from the intended scope of the invention.

Referring to the figures, the structure or pile, gen-
erally indicated at 15 in Fig. 1 representing, for example,
a portion only of a proposed self-sustaining chain re-
sction system, is a column 11 feet high having a square
cross-section with a dimension of about 8 feet on a side.
The column rests on a paraffin base 16, which is about
10 feet square and 1 foot thick. The base may be also
made of a layer of about 3 feet (thick) of graphite, if
desired.

As shown in Figs. 3 and 4, the device comprises a
plurality of uranium bodies in the form of cubes 17 of
about 8 inches on a side, arranged in graphite 18. The

distance between the uranium bodies is 8 inches. Between
the paraffin base 1§ and the first layer of uranium cubes
377 is a layer of graphite 8 inches thick.

Referring to Fig. 3, the structure as shown consists of
a plurality of cell units 19, each cell comprising one
uranium body and a mass of graphite, and, as shown in
Fig. 3, each cell has a side equal in length to twice that
of the side of the uranium body. In accordance with the
ceneral meaning, a cell is that unit which is repeated
throughout the mass to forin the entire structure,

Theugh specific dimensions for the reacting structure
have been given, it is recognized that certain variations
may be made. As a general proposition, it can be stated
that reliable readings may be taken in structures of smaller
sizes, but as the size of the structure decreases the
readings will becoine less accurate. Conversely, as the
size of the structure increases over and above that speci-
fied, the readings become more accurate. Very satis-
factory results within 1 percent error can be obtained,
however, from the specific size of structure illustrated.
If fewer cell units are used, the error will be increased
above 1 percent. In the example illustrated, 288 cells
were used. The overall size should be sufficiently large
so that the variations in neutron density within one cell
are small compared with the average neutron density
2iong the measured axis. An appreciable number of fast
neutrons must be slowed to thermal energy in the graphite
in order to accomplish this result.

A vplurality of measuring slots 1 to 7, inclusive, are
spaced verticaily in the column 15, and additional slots
4E, 4EE, 4W, and 4WW are spaced horizontally at the
level corresponding to slot 4. These slots are all five feet
long and have a cross-section measurement of 2 inches
by %% of an inch. Slots 1 to 7, inclusive, extend through
the graphite to points near, but slightly to one side of the
vertical axis of the column.

A detector device, shown generally in Fig. 5 at 30, is
insertable in any one of the detecting slots 1 to 7,
inclusive, and includes a relatively thin graphite tray 31
hollowed out to receive a pair of nesting aluminum or
cadmium trays 32 and 32A. The size of the graphite tray
31 is slightly less than 2 inches by 3 of an inch, so that
it may readily be passed in and out of the detector slots.
An aluminum rod or handle 33 is fastened to one end
of the detector tray 31 and is of sufficient length to
permit moving the graphite tray 31 throughout the entire
length of any one of the slots 1 to 7, inclusive. An ad-
justable collar 34 is movable lengthwise on the handle 33
and is provided with a set screw 35, so that the collar
may be fixed at any desired position on the handle. The
purpose of this collar is to facilitate the positioning of
the detector tray 31 at any desired location in one of the
detecting slots.

A detector foil 32B of indium is placed between the
nesting trays 32 and 32A for the purpose of making
measurements of neutron density in the column. The
foils are rectangular, having dimensions of 4 by 6.35
centimeters, and are between 5.5 and 6 mils in thickness.
All fecils have been previously standardized for their
radioactivity response to neutron bombardment by com-
parison with a standard foil. The trays 32 and 32A arc
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of two kinds, i e., either both of aluminum or both of
tadmiuim. The aluminum permits thermal neutrons to
pass through to the detector foil, whereas the cadmium
absorbs the thermal neutrons before they can reach the
foil. It is possible to determine the relative density of
therman neutrons present in the region of the detector
element by exposing the indivm foil to neutron bom-
bardment when held between aluminum trays, and taking
the difference between this induced radioactivity, and
the radioactivity induced when the foil is exposed to
neutron bombardment while held between cadmium trays.

The method of measuring the neutron density is as
follows:

Assume that a source of neutrons has been placed at
the bottom of the pile, alined with the vertical axis. An
indium foil 32B of the dimensions specified is placed
between aluminum nesting pans 32 and 32A. of the detec-
tor device 30. The detector device is then inserted in
one of the detecting slots, as, for example, slot 1, and
exposed to the neufrons present @t a point near the
vertical axis. In one mode of measurement. the indium
foil is then allowed to remain in the slot for a predeter-
mined period of time in order to come to a known frac-
tion of its saturation activity—say, 15 minutes—during
which time it is bombarded by the neutrons inside the
structure. At the end of this time interval, the detector
device 30 is withdrawn from the slot, and after a predeter-
mined lapse of time—say three minuies—during which
time the shori-lived radioactivity of the indium foil dis-
appears, the indium foil is then wrapped around the
cylinder of a standardized Geiger counter and the beta
rays emanating from the foil due to the remaining and
longer lived radioactivity of the foil are counted for a
given time interval, say 30 minutes. From the number
of counts during this time interval, the initial saturation
radioactivity at the time of removal is computed. The
indinm foils can be reused afier several days, as the
induced radioactivity has then decayed to an insignificant
value. Measurements are made in the same manner and
in the same positions with the same time factors to deter-
mine the cadmium ratio, later referred to.

However, for convenience and also because a given
exposure time may be too long in regions of high neutron
density, yielding too many counts per minute for the
counter to handle accurately, or may be too short in very
low density regions, vielding too few counts for accurate
representation, the time schedules may be changed to com-
pensate. In this case, however, the saturation activity
As in counts per minute should be calculated, as is well-
known in the art. The following equation has been used
under these circumstances:

Ay=— JC _

¢ ftw<1_e ftz)(l_e fta)
Where C is the observed number of counts in time zc,
and in minutes, fz, fw and #; are respectively the periods
of irradiation, waiting and counting, and where f is the
fraction of the excited (radioactive) atoms that disinte-
grate in a unit of time, and for indium equals 0.012836
per minute,

The detector device 30 is then inserted into the slot 2
and a similar reading is taken close to the vertical axis
in this slot, corresponding to that in slot 1. Likewise,
readings are taken close to the vertical axis of the column
in all of the other siots 3 to 7, inclusive. In this manner,
the radioactivity of the indium caused by the slow neutron
bombardment at points close to the vertical axis of the
reacting structure may be determined accurately, and
expressed in terms of counts per minute of the Geiger
counter. From this information, the ratios of the counts
measured in adjacent horiontal planes in the structure
can be obtained. Other readings are taken on the top
and sides of the structure, as will be pointed out later.

As there are minor variations in neutron density along
any given axis due to the periodically recurring cells in
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a structire wherein the uranium is aggregated, the neu-
tron density can be considered as averaged over the indi-
vidual cell. In order that measurements along an axis
may be properly compared, the measurements are made
in the same relative position in the various cells along
the axis being investigated.

The measurements made close to the vertical axis
express the decay of the chain reaction started by the
source, and when the position readings are corrected for
the finite size of the structure, can be used to find the
value of A.

To explain the relation of A and the reproduction
factor K to the observable quantities as measured, it is
desirable to first consider a mathematical description of
the effect of diffusion, absorption, and neutron production
on the neutron density at some point in the structure.

In the following mathematical discussion, the symbols
listed below will be used with the meanings as indicated:

X, Y, Z are the rectangular coordinates of a point in a
coordinate system with its origin at the neutron source
at the base of the pile, whose X and Y axes are parallel
to the sides of the structure, and whose Z axis is the
central vertical axis of the structure;

a is the effective length of side of the structure;

ao is the actual length of side of the structure;

n is the number of thermal neutrons per cc. in the neigh-
borhood of the point X, Y, Z;

v is the mean velocity of the thermal neutrons;

ds is an increment of distance traversed by a neutron;

dt is the increment of time corresponding to ds;

A is the mean total distance a thermal neutron travels;

D is the diffusion coefficient for thermal neutrons;

An or Ag is an abbreviation for the sum of the three sec-
ond derivatives of n or g with respect to the three vari-
ables X, Y, Z. An is also referred to as the Laplacian
of n;

A standing alone and not immediatety followed by # or g
signifies a number given by the ratio of An to n. This
number is found to be constant throughout any struc-
ture utilizing given geometries and materials;

A is the neutron mean free path between collisions;

r is the radius of a sphere or cylinder;

ro is the range, or the mean distance the neutrons reach
from their point of origin during the process of slow-
ing down to thermal energy. For chain reacting struc-
tures the value is calculated to be about 35.5 c¢cm. for
uranium and graphite, for uranivm and beryllium about
27 cm., and for uranium and deuterium (employed as
heavy water) about 22 cm.;

T (tau) is a variable called the age of the neutrons which
is a function of their energy during slowing down. For
thermal neutrons T becomes Varo?;

q is the number of neutrons destined to escape resonance
capture by uranium, slowed down per sec. per cc. at
X, Y, Z, to a given energy E or below, from higher
energies, and is to be regarded as a function of the
age corresponding to the energy E;

qo is the number of fast fission neutrons destined to
escape resonance capture by uranium produced per
sec. per cc;

L is the diffusion length of thermal neutrons in the
structure. For uranium and graphite chain reacting
structures the value is calculated to be about 18.5 cm.,
and for uranium and beryllium about 25.3 ¢cm. For
uranium and deuterium the value is between 100 and
200 cm.;

X is the reproduction factor;

= signifies a sum and is used to indicate a series of which
a typical term follows the symbol;

Ci is one typical constant in this series; j and I are two
odd integers characterizing the terms of the series;
by, is the value of the quantity occurring in the expression

zZ

e bt
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which is part of the first term in the series giving the
value of n for different heights Z;

( Z
z Y\, b
3 — CO8 = \¢
C[_\ Cos 7w a a

is the first term in a series, and is referred to as the
first harmonic term, the following terms being referred
to as the third, fifth, etc., harmonic terms;

5q

oT
is the partial derivative of g with respect to r.

With these symbels in mind, the various factors
governing the variation in the thermal neutron density
n at a point in the graphite may be taken info account
as follows: The number of thermal neutrons produced
per second per cc. at X, Y, Z in consequence of the
reduction of more energetic neutrons to the thermal
condition is given by the value of ¢ for thermal energy.
The contribution to n by diffusion from the surrcunding
medium is D.An. The chance of a neutron being ab-
sorbed in traversing a distance ds is

ds

A
The number of thermal neutrons absorbed per second is

ny . ds
- SInce -5
i1 28

dt

is the velocity v. Consequently, in a steady state:

(n

The number ¢ is given by a solution of the slowing down
eguation

nv

=%

A=7,

obtained by consideration of the diffusion of the neutrons .

during the slowing-down process and by suitably fixing
the dependence of the age variable » on the energy E.
Initially

(ie., for T=0)q=K”T”
since K is defined as the nuraber of fast neutrons destined

to escape resonance capture, produced per thermal
neutron absorbed. A solution is

- Y
= — pTA
g=K ¢

since, as stated above

An

n
is observed to be a constant whose value is designated
as &, If this is substituted in (1) using the kinetic theory

formula D=V4\v and patting Z2=35)\A the following
equation governing the neutron density is obtained:

A= int K ers=0 2)
and by rearranging terms and putting
An .
- =A (3)
K=(1—-L2A)e "2 (3a)

In most cases in which this invention is used, the value
of K—1 is less than 0.1 so that the exponential term may
be replaced by the first iwo terms of the expansion in
series. Thus, since r==Y4r¢2

K—1=—A(L+ire?) (4

10
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~ Equations 3a and 4 clearly show that the value of A
depends only on K, L and o and that the same value
of A will hold for a large structure as well as a small one
having the same internal construction and materials.
Substituting

M

n
for A in 4, the differential Equation 2 becomes

K—1

L™ )

Equations 2aq and 4 show that if the value of A as
found by measurements on the pile comes out negative,
then the reproduction factor K is greater than unity, and
if the value of A is positive then K is less than unity. It
will be seen later that the numerical value of A also fixes
the overall size of a self-maintaining chain reacting
structure when A is negative.

It is alse to be understood that A is a value independent
of the external shape of the intermediate pile from which
it is ‘ascertained, and of the external shape of the oper-
ating pile to be designed, so that, for example, A deter-
mined by measuremenis of a parallelopiped-shaped inter-
mediate pile may be used to compute critical size for a
self-sustaining pile of any shape, such as a sphere, cylin-
der or cube.

Theoretically from (3) the quantity A could be found
from neutron density measurements made on a structure
of any size and shape. However, certain simple regular
structures have gieat advantages for convenience and
accuracy in calculation. A sphere or a cylindsr could
be used, but the preferred form of my invention is a
rectangular parallelopiped, more particularly a long verti-
cal parallelopiped with a rectangular cross-section. For
this case a mathematical formula can be given for the
neutron density distribution at various points throughout
the pile when a source of neutrons is used at an end
thereof. Having this formula available with measure-
ments of the density distribution and with the proper
constants chosen to fit the measurements, the value of A
can be very readily deduced for the geometry and ma-
terials used in the structure.

For the case of a long vertical rectangular parallelo-
piped with square cross-section of side length a, this
formula is the double Fourier series:

An=

z
n=13,Cj eosjr% cos lw%(e bjl) (6)

in which

_L—_.l__ (j2_+_l2—2).”-2

T L
Here each term satisfies (5), so that the sum is also a
solution. This is a series in which the various terms
are given by putting j and I equal to (1,1), (1,3), (3,1),
(3,3), etc. in succession. The adequacy of the formula
is tested by measuring the neutron densities in a hori-
zontal plane at some constant height Z. These measure-
ments also serve to determine the constants Ci,1, Ci3,
Cs.1, Ca,3, etc., which multiply the succession terms of
the series (6).

‘However, the neutron density distributicn zcross the
pile at considerable distances from the source approaches
a true cosine curve and is given more and more ac-
curately by the first term alone of Formulz 6 as the
height of the pile increases and the plane of measure-
ment is more and more removed from the influence of the
source. This simplifies Formula 6 to:

Z
e—bxn)

si_nce by,1 is the largest b, and the amplitudes of all the
hxghe_r hax:monic terms decrease at a faster rate with in-
creasing distances from the source.

(6a)

z z
n=0C} 1¢0s v cos 7r-< (
hoos 72 00 7 2 7
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When measurements are confined to the regions away
from the source where Formula 7 is applicable, the value
of A can be found very easily. By differentiating n as
given by Formula 7 twice with regard to X, Y, Z, adding
and dividing by n, it is found that

An —272 1

A= +W (8)
This value of A applies to a structure having a square
cross-section. For one having a rectangular cross-section
with the sides a1 and a2, the formula for A becomes:

e e e 9
A big? af ag? 9)

To find a numerical value for A, it is necessary to

10

15

substitute the value for g, the length of the side of the -

structure, and the value of bi,;, which is given by the
decrease of the neutron density along the central axis of
the structure. For X=0, Y=0 Formula 7 gives

Zz
n=C e ™ (10)
From two observed values of n (n1 and n2) in adjacent
horizontal planes Zi and Zg of the structure, we have
‘ My Zz—'Z1
log, —=——— 11
08 2 b1 (1)
The value of b1,1 can thus be obtained. With the value
of b1a found, the value of A can be found from Formula

8 for a structure with a square cross-section or from

Formula 9 for a structure with 'a rectangular cross-sec-
tion.

It is to be noted that bi,1 is the coefficient of only the
first term of the series in Formula 6. If the planes at
which measurements are made are sufficiently far from
the souice, it has been found that the value of b1,1 does
not need correction for the smali second and third terms,
which are only large near the source. The effect of the
higher harmonic terms can be checked by measuring the
neutron density across a Z plane to see if the measure-
ments indicate the presence of the higher harmonics.
If the measurements show a significant departure-from
a cosine curve, then coefficients of the higher harmonic
terms can be found to suit the measurements made.
Since bi1,1 is to be found, the values of the higher har-
monic terms in (6), if found to be significant, can be
computed from (64) with the value of b1,1 as found by
Formula 11, as a correction to the observed values of n,
in-a formula where

n— (higher harmonic terms)=first term (7

a well-known mathematical expedient in dealing with an
infinite series. ,

Slots 4EE, 4E and 4W, 4WW in the structure described
are used to determine whether harmonic corrections are
required. This is done by measuring the neutron dis-
tribution across the pile by using indium foils as above
described to see whether this distribution fits Formula 7
using the values of bi,1 as obtained by Formula 11. If
not, harmonic corrections are applied to the observed
values n which then agree with Formula 7. The correc-
tions can then be computed for lower planes if measure-
ments in these planes are to be utilized for A determina-
tions.

However, as such harmonic. corrections 3 feet or more
away from the source approach the experimental error

/in measuring the neutron density, good values of A can
‘be obtained by disregarding measurements made in planes

near the source, and by computing the A value found for
a higher plane, when the density réadings on these planes
These latter

tive side of the structure is larger than the actual side
and a correction required by the fact that the height
These boundary corrections are
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needed because the neutron density is not zero either at
the“sides or top of the structure due to neutron leakage
out of the structure, whercas Formula 6 assumes the
neutron density to be zero at these boundaries. These
corrections will be discussed in tirn.

The neutron density according to Formula 6 should
reach zero at X==a/2 and Y=a/2 for a structure having a
square cross-section. It is found that the observed
neutron densities are not zero at the surface but do agree
with Formula 6 where « is larger than the geometrical side
ao by a few centimeéters. The proper value of @ to use
in (6) may be found by two observations of the neutron

"demsity no at the center and n(ao) at the surface of the

pile between the levels of the Z planes measured, then

n(ap) =no cOS (%92_2") (12)

the value g, rather than ao, should be used in computing
A from Formula 8.

The second correction is due to the finite height of the
column, known as the end or top correction. Close to
the end, or top, the neutron leakage is increased, and to
obtain corrected neutron densities in planes, Zo, Z, near
the top, the values given by Formula 10 must be multi-
plied by

1—
to give the observed-neutron densities where Zo is the
actual value for Z for the top. If conversely, we take the
observed neutron densities which have been reduced by
nearness to the top and divide them by (13), we obtain
increased values which we may call corrected neutron
density values which will then agree with Formula 10
and which may be used to compute bi,1 from Formula
11 from measurements made in planes near the top.

In case a spherical structure is desired in place of the
parallelopiped just described, it is also possible to find a
mathematical expression for the decay of neutron density
along a radius of the sphere when the source is at the
center. The differential Equation 5 in polar coordinates is

#nr)  K—1 o

drr T L

If the source is placed at the center of the sphere and if
the density at the outside is maintained at zero by sur-
rounding the structure with a sheet of cadmium that ab-

sorbs all neutrons reaching the periphery, a solution that
agrees with the observations is:

2
e—b—l;(Zo—Z) (13)

(14)

n=% (4eVa7 _pe=V27) (15)
where
1-K
Qi ZER7E:

and where A and B are two constants chosen to make the
solution suit the boundary conditions. The value of A
may then be deduced from two neutron density observa-
tions at different posmons along the radius.

However, if K is greater than unity, the constants A
and B will be chosen as complex numbers. In such a case
an alternative equation can be given in terms of trigo-
nometric functions:

'n=-; (E cos ¥ —Ar-+F sin v/ = Ar)

where E and F are real numbers.

Other solutions may also be found for cylindrical and
other structural shapes, but as these are more comph—
cated, they are not to be recommended in comparison
with the two structures described above. The paral-
lelopiped . structure is preferred from a structural stand-
point.

Two important deductions may be reached at once from
the. numencal value of A. The first is that the value of

(15a)
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the reproduction factor K is greater or less than unity
depending on whether the value of A comes out negative
or positive, respectively. This fact, which follows from
Equation 4, does not require a knowledge of the value
of the quantities in the bracket of that equation.

The second deduction that may be drawn from the
magnitude of A is the critical size to which the system
must be built to maintain a nuclear chain reaction. This
size is the size where the total surface to volume ratio of
the entire pile is such that the rate of neutron loss is re-
duced to a value less than the rate of neutron production,
the latter being expressed by the numerical value .of A.
As A is a function of the geometrical arrangement of the
materials and the impurities in the materials, the system
to be self-sustaining, when A is found to be negative (de-
termining K to be greater than unity), can be built to
critical size in a number of shapes. In case the self-
sustaining chain reacting system is to be built in the form
of a large spherical structure, the critical radius re is
given by

re=—— ( 16)
v=a
In case the structure is to be a rectangular parallelopiped
with sides a1, az and a3, the critical size is given by the
formula
w2 wd | ar?

- A—a;'i';z‘z‘l'aa—z (17)
In case the structure is to be built up as a cylinder of
height H and radius r, the critical values of these quanti-
ties may be computed from the formula .

— A=

H2+ (2.405)*

72
1t will thus be seen that for a given amount of material
in the system the spherical overall shape is to be preferred.
Any deviations from the spherical shape must be com-
pensated for by the use of additional material. These
computations do not require knowledge of the values in
the bracket of Equation 4.

In the manner stated above, from a single series of
measurements, the fact that K is greater or less than unity
can be determined from the sign of A, and if K is de-
termined to be greater than unity, the critical size re-
quired for a self-sustaining chain reaction can be calcu-
lated, using the numerical value obtained for A. The
value of K will hold for the materials and geometries
used, no matter what the overall shape of the system may
be. From the value of A and by using the presently
known values of L and ro the numerical value of K can
be computed within a 1 percent error from Formula 4.

Broadly stated, therefore, as to the method of my in-
vention, I provide a small but representative portion of
a structure proposed as having a possibility of sustain-
ing a chain reaction, and then measure the neutron dis-
tribution at least along one dimension of said structure,
and from the measurements so made compute the ratio of
the Laplacian of the neutron density to the neutron
density found in the structure. This ratio is known as
A and has, for chain reacting structures of the type de-
scribed, the direct relationship to K, so that the value of
K can also be determined, if desired, using presently
known values of L and ro.

As a specific example of the uses of the exponential
vile, and the described method of measurement for a
specific geometry and fof spec1ﬁc materials, a pile has
been built wherein the uranium bedies 17 (Fig. 3) con-
sisted of 288 boxes in the shape of cans 8 inches on the
side, made of thin tinned iron sheets each weighing about
500 grams. Each box was filled with 60 pounds of com-
mercially obtained uranium oxide (U3Og) powder. The
boxes were uniformly disposed throughout a pile of
graphite blocks 4 inches x 4 inches x 8 inches, in cubical
spaced relationship, with the boxes spaced 16 inches apart

(18)
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in alternate layers measuring from center to center, as
shown in Fig. 11. The graphite was similar to that used
as anodes in electrolytic smelting. The total weight of the
uranium oxide was 17,280 pounds, or approximately 824
tons. The graphite used had a density of 1.63 and a total
weight of about 26 tons. The units were tightly packed
to eliminate air spaces as far as possible, and the materials
were known to be impure.

A neutron source was disposed at the bottom of the
pile. For this purpose, two grams of radium mixed with
beryllium were placed in a slot 36 disposed in the paraffin
base 16 (Fig. 1). A graphite rod 37 (Figs. 5 and 8) may
be placed in the slot 36, in which case the rod is slidable
in the slot. The neuntron source may then be disposed in
the cylindrical slot 38 in the graphite rod 37, a suitable
capsule 39 (Fig. 9) made for example, of beryllium, being
adapted to contzin the neutron source. Geiger-Muller
counter readings of the neutron induced indium foil ra-
dioactivity were made for the seven slots shown in Fig, 1
and identified as slots 1 to 7, inclusive, at points close to
the vertical axis of the column, and on top of the pile.
Measurements were made both with and without the arti-
ficial source disposed in the slot 36.

The following Table I gives the values of measurements
rnade, the values representing neutron density in terms of
counts per minute obtained from the exposed indium
foils:

TABLE 1
[Measurements near Z axis)
1 2 3 4 5 6
Net effect
Counts with source Counts of chain
Position Cd ratio | without reaction
source, started by
No Cd | With Cd No Cd saurce
neutrons
234.8 44.4 5.29 . 262 234, 5
69.37 12.00 5.78 .320 69. 05
23. 64 4,143 5.71 .365 23.28
8.93 1.610 5.54 .365 8.57
3. 594 . 638 5,63 .394 3.200
1.572 . 286 5, 50 .324 1.248
. 684 L1112 6.11 . 235 . 449
I8/ I8 DU DO PESS PRSI P

The first column of Table I represents the position of
the indium foil in the column, that is, for which of the
seven slots the readings shown in the remaining columns
were made. Columns 2 and 3 in the table give the in-
dium foil counts recorded with the source of neutrons in
place in the slot 36. Column 2 gives the readings where
no cadmium surrounded the indiuvm foil. Column 3 is a
tabulation of count readings with the foil surrounded with
cadmium. Column 4 gives the ratio of counts between
the values in column 2 and column 3; that is, the ratio
between the counts with the cadmium and without cad-
mium surrounding the detector. The fact that this ra-
tio, referred to as the cadmium ratio, is substantially the
same for all positions after the number 1 position is due
to the fact that the neutron energy spectrum beyond the
first position has reached a value which is no longer af-
fected appreciably by the proximity of the source. Al-
though in this particular case, the cadmium ratio is some-
what higher at position 7, the departure is not sufficient to
prevent the achievement of reasonably accurate results
when reading 7 is used with others, for the computation
of A.

Beyond the second slot, identified as slot 2 in Fig. 1,
the source no longer dlrectly contributes thermal neu-
trons to the chain reaction. The original neutrons from
the source disposed in the slot 36 are all reduced to ther-
mal energies before distances beyond slot 2 are reached.
These thermal neutrons are absorbed partly in the ura-
nium and give rise to nuclear fissions, producing fast fis-
sion neutrons. ‘These fast fission neutrons are in turn
slowed down to thermal energies in the graphite to pro-
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duce further fast fission neutrons; by entering uranium,
etc. Thus, as indicated by the substantial uniformity of
the cadmium ratio and as reguired by the analyses -upon
which the actual computatlon of A, below is based, the

chain fission reaction is responsible for the neutron den- :

sity at slots 2 to 7, inclusive, this chain reaction being
initiated in the uranium of the lowest uranium bearing
layer of column 15 by the primary neutrons emanating
from the source in the slot 36. ‘

Column 5 in Table I gives the indium foil counts meas-
ured at the various positions in the column without the
surroundmg the indium foil. The count values set £ rth
in Column 5 are due to neutrons from spontaneous fis-
sion of the uranium in the structure.

1t is to be noted that the chain reaction is also present

due to this natural fission. However, the count values are
low, and a more complicated solution would be requnred
to find A from the observed values representmg the neu-
tron density without the source, which is quite dlfferent
from that existiig when a source is utilized to start the
chain reaction at one end of the structure. The use of
the source provides larger density valués, and an expohen-
tial density decay curve along one dimension of the struc-
ture, from which A can readily be computed, as pointed
out above.

Column 6 of Table I gives the mathematical -difference
between the values in Columns 2 and 5, these values indi-
catmg the net effect of the chain reaction initiated by the
source neutrons. Because the cadmivm ratio-is substan-
tlally constant, these values in Column 6 can be taken
to represént the thermal neutron densities, as well as
the ‘total neutron densities, resulting from the reaction,

Indium foil .measurements made in slots 4WW, 4W

and 4E, 4EE indicated that the neutron density distribu- 8

tion .across the pile at that level was very little affected
by the source, and that good values of A could be. obtamed
by using the first term (which includes b1,1) alone in
higher .planes when the readings in these highér pl,anes
-are corrected for top effect and the proper value for a
is found in -each case. Consequently, readings-taken in
positions 1 fo 4, inclusive, may be discarded.

- To'find the effective sides a at vatious levels, formula

am_r)

is'used. "Measuréments were made of indium foil’ counts
due fo'the neutron densities on the outer surface {
‘column ‘at various’ helghts, and are tabulated below m
Table II for the top port1on of the p1le

‘n(ap)=mo cos(

axxs dens1ty counts in’ Column 3 ‘are extrapolated fo ‘n-
terplane positions ‘cotresponding to the ‘positions of the
foils on. the exterior surface.

TABLE I
1 - 3 O
Counts on |-Countson | Actual * | ‘Effective
Position -Surface Axig Side-ae, .| -Bidea,
. e, em
[ A 170 ‘9.361 94384 54,5
[ SRR P P I 2128 1.03 - 243,84 262 :5

The values in Table II, Column 5 -can: be used for the
quantity -a -in- computing the value :of A, ’
‘The. end or top corrections are found-by the:formula
'_"—(Zo—Z)

1—e b

using the approximate values of b1,1 ‘obtalge‘d‘jirpm_,_tl;je
readings in Table I, Colutin 6 by the 'tlse~'¢f‘ formula
Zi=7
br.i

774
‘ng

(11

(12) .

The detector .
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where Z; and Z3 are the distances from the source of the
positions in which readings were taken.
The correction factors are as follows:

TABLE T

1 2

Position Correction

Factor

.997
.98
Toimeo e : .87

................

It is to be noted that the end correction increases as
the -end is approached, and is very small at position 5.

The measurements of Table I, Column 6 are now ready
for correction for top effect, and for use in computatlon
with the values found for the -effective sides at various
Z planes to ascertain the final and more accurate values
of by,1, and then to find A at-two' positions in the pile
where- the effect of the source is minimized. ~The two
valugs found for A are then averaged to find the average
A for the upper portion of the pile. The results are iset
“forth in Table IV, below. '

TABLE IV

t 4 o2 {8 a4 o 5 | s 7

With * Eflective
‘Top Sidea, :

‘Correc- em,
tion :

Net

. m
.| -Counts

)

Position bt : a

} a0
} 1248
449

43,948
44,63

254. 5
-262.5:

3,200

1.273
507

2,127X10°4
2,156 X104

2.5208
2. 5108!

Average-i

A=234IXI04

In the above table, .Column 2 gives the -observed
counts due to the chain reaction taken from Column .6,
Table I. In Column 3 the count readmgs .have been
multlphed by the end correction factors .given in Table
IH Column 4 gives-the count ratios

n

n2

of readings in adjacent. planes In Column 5.are set forih

-the eﬁecnve sides a as given by Table-II, - In Column 6
‘are. given. the values of b1, as computed . from . the for-

mula

log, n‘ Z’b— 4 (11)
; 1,1
In ithe -case -of -the structure measured Zi~Zz 16
inches==40.64:cms. between :all positions. 'In-Column 7

the:values.of A are given-as found .from:the use of:the
computed values of 1,1 and the effective side a by ‘use
of the formula .

The mean -value of A-computed from readmgs in po-
smons 5, 6.and 7, is:2.141 % 10~%and is positive in sign.
It follows that the value of-the. reproduction factor K
of the structure. measured was less-than- unity. - Conse-
quently, this - particular . geomeiry -and materials - would
ne er‘,prov1de a self-maintaining chain reaction no mat-
“ter how large a structure was used.

“"For-sgme purposes, partlcularly to study variations. in
‘the’ reproduction factor K as brought about by changes
in-the- geometry ‘of the uranium bodies and the purity .of
‘the “Uranium’ and the slowing medium in-the: system, it is
-desited to find the: numerical valtue ‘of:the reproductxon

/48 Factor ‘K. “‘For this purpose, Formula-4 is useful by ‘in-
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ch}ding the best presently known values of L and o and
using the value of A as computed, as follows:

K—1=—A(L24-Yare? (4)

substituting the value of A 2.141% 10—¢ in the structure
measured and using the values of L=18.5 cm. and
ro=35.5 cm. as previously given for a structure of uranium
and graphite, K is found as follows: substituting in (4)
K—1=2.141x 10—%(18.52-1-14 X 35.52) solving; K==.86

The value of the reproduction factor K is thus found
to be 0.86.

While the calculated values of L=18.5 cm. and r0=35.5
cm. are probably not accurate within a 5 percent to 10
percent error when combined, it will be noted that these
values only enter into the departure of K from unity.
As the departure of X from unity for structures such as
described is only on the order of 10 percent, the use of
these L and ro values introduces an error of 1 percent
or less in the final value of K.

As stated above, the best previously known figures for
the K factor of a mixture of theoretically pure uranium
powder and water is K=.79. Similarly the best K factor
for a mixture of theoretically pure uranium powder and
graphite has been computed to be K=.785. The value of
K=.86 obtained as above set forth for uranium oxide
bodies of substantial size spaced in graphite, both known
to have impurities therein, indicated that a saving in
resonance absorption losses must have been made by
aggregating the uranium into substantial masses, but that
other losses were too large to provide chain reaction
capable of being maintained in a system of finite size.

Auxiliary measurements were made, and it was found
that part of the loss in the K factor was due to neutron
absorption in the tined iron cans holding the uranium
oxide. It was further found that the purity of the oxide
could be improved, and that the effect of the uranium
could be still further improved by compression of the
oxide or use of the uranium in the form of metal.

A number of intermediate piles were then built and
measured by the method set forth herein, using com-
pressed uranium oxide and graphite and uranium of im-
proved purity, in structures having improved geometries
of the uranium bodies in the graphite. The first design
found to give a K factor greater than unity, when meas-
ured by the means and method described herein, attained
a A of —1.06X10-3 indicating a K factor of 1.007. As
the critical size required for this particular type of struc-
ture to become self-sustaining, was found to require ap-
proximately 10,000 tons of graphite and 3,000 tons of
uranium oxide in accordance with Formula 16, further
experiments were made to increase the K factor by includ-
ing uranium metal in the structure and also by utilizing
UO: in place of UsOs together with graphite of still
better purity, the uranium bodies being again rearranged
to a more favorable geometry. A structure was built
and measured that indicated that a chain fission reaction
could be produced and sustained in a system of practical
size. .

As an example of the accuracy of the measurements
that can be obtained by utilizing the means and method
described herein, a self-sustaining chain reacting struc-
ture was proposed, utilizing both uranium metal bodies
and compressed UOz bodies spaced in graphite of several
different purities. The K factor for each of the com-
binations of uranium and carbon proposed was measured
by means of the intermediate pile and method as de-
scribed herein. K factors were found which indicated
that a self-sustaining chain reacting structure could be
built having an average K factor of 1.050 utilizing about
480 tons of graphite and 50 tons of uranium. The pro-
posed structure was built and was found to be capable
of sustaining a chain reaction by virtue of nuclear fission
at a very slightly smaller size than originally computed,
with an actual K factor of 1.054. This self-sustaining
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chain reacting system has been operated at various rates
of power production in the form of heat.

Dissipation of large amounts of power in a self-sus-
taining chain reacting system such as described immedi-
ately above, requires the insertion within the structure
of a coolant, tubes and passageways for the coolant, and,
in many cases requires modification of the shape of the
uranium bodies to provide for efficient cooling thereof.
The procedure as outlined herein is ideally suited to
determine effect of these foreign bodies in the structure,
as it is impossible to find the K factor by reliance on
theory alone. By the use of the intermediate pile, any
proposed cooling system can be incorporated therein, the
A measured and the K determined.

It should be pointed out here, with respect to the
successful attainment of a self-sustaining chain reacting
system, that the number of neutrons made directly avail-
able to the chain reaction by aggregating the uranium into
separate bodies spaced through the slowing medium was
found to be a critical factor in obtaining a self-sustaining
chain reaction when utilizing natural uranium and
graphite. Utilizing theoretically pure carbon and theo-
retically pure uranium, it has been computed that the
highest K obtainable is about 1.1 whereas the same
volume ratio of uranium powder and graphite, with the
powder distributed uniformly throughout the graphite,
gives a K less than unity. Actual K factors as high as
'1.08 have been obtained using aggregation and as pure
materials as is presently possible to obtain, combined in
‘the best known geometry. It is thus clearly apparent
that the aggregation of the uranium into masses separated
in the slowing material is one of the most important, if
not the most important factor entering into the success-

- ful construction of a self-sustaining chain reacting sys-
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tem utilizing relatively pure materials in the best geometry
at present known. The presently described structure and
its method of measurement determined what the effect of
such aggregation would be on the reproduction factor K
of the system and thereby proved that my invention in-
corporating aggregation of the uranium into masses of
substantial size was the principal factor in the successful
construction of a self-sustaining chain reacting system
utilizing natural uranium.

It will be understood that unless otherwise specified,
references in the claims to measurement of neutron
density or gradient or of neutron density distribution are
intended generically to include measurements which may
actually be no more than measurements of relative neu-
tron densities, since an important advantage of the in-
vention, when practiced in the presently preferred man-
ner, is that actual neutron densities need not be deter-
mined, i. e., the readings need only be relative, as by
noting the counts per minute obtained from irradiated
foils.

It is also to be noted that while my invention has been
described herein as applied to and utilizing a structure
having a solid slowing agent such as graphite incorporat:
ing uranium aggregated into separate masses, the inven-
tion can equally well be used in conjunction with in-
termediate structures having liquid slowing agents, such
as heavy water, with the uranium in the form of separate
large masses therein; or in the form of fine particles
mixed with the liquid in a form commeonly called a
slurry. In such cases neutron density measurements are
made in the liquid contained in a tank of the desired size
and shape in the same manner as described herein.

While the theory of the nuclear chain fission mecha-
nism in uranium set forth herein is based on the best
presently known experimental evidence, I do not wish to
be bound thereby, as additional experimental data later
discovered may modify the theory disclosed. Any such
modification of theory, however, will in no way affect the
results to be obtained in the practice of the invention
herein described and claimed.
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I claim: ‘ :
A test exponential pile comprising a column of graphite
of rectangular parallelopiped shape, a plurality of bodies
containing natural uranium disposed therein in a geo-
metrical pattern of cell units, each cell unit being com-
posed of uranium embedded in graphite, said pile being
of sub-critical mass, a neutron source located adjacent
the bottom face of said column of graphite at the center
thereof, there being a plurality of spaced vertically
aligned measuring- slots extending into the column to
points near the vertical axis of the column and a plurality
of spaced horizontally aligned measuring slots located
approximately at the vertical midplane of the column, and

an indium foil within at least one of the slots for use in’

determining the neutron densities within the aforesaid
slots. :
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